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the maximum revenue possible of attainment by any member
of a family of tax formulae is attainable by only one member
of that family. When the revenue that is required is less
than the maximum which it is possible to raise through any
member of a tax family, this is no longer true. For the family
of poll-taxes there is still only one member that will yield this
revenue. But for the family of proportionate taxes there are
always two members. Any revenue, other than the highest
revenue obtainable through any proportionate tax, can be
secured either by a rate of tax lower than the maximum-
revenue rate or by a rate of tax higher than this. There is a
choice, in fact, between a relatively low rate of tax collected
from a relatively large income — which comes into being just
because the rate is low — and a relatively high rate collected
from a relatively small income. For other families of tax
formulae the same thing is true in general. Thus let us
describe the members of a family by equations in which R,
the revenue collected, is equal respectively to a^x), a2iff(x)
. . . am$(x), am+1$(x) and so on, where an a with a larger
suffix is always greater than one with a smaller suffix, and,
where R =0^(0;), is the equation of that member of the family
which yields maximum revenue. Then any revenue other
than the maximum will, in general, be yielded both by some
member which precedes the maximum-revenue member in
the order set out above and by some member which succeeds
that member. For some families of tax formulae certain
revenues other than the maximum will be yielded by more
than two members. It is easy to see that, when a given revenue
can be obtained from two or more members of a given family
of tax formulae, work will be diminished less and, therefore,
in accordance with the preceding argument, a smaller aggre-
gate sacrifice will be suffered, if, so to speak, the lowest in
rank of these members is chosen. For the family of pro-
portionate taxes this, of course, means that the lower rate of
tax capable of yielding a given revenue should be chosen in
preference to the higher rate. For other families it means
that, their members being arranged in an order of the kind
illustrated above, a member in which the suffix of a is smaller
should be chosen in preference to one in which it is larger.
In what follows, therefore, when I speak of the tax formula
belonging to any family that will yield a given revenue, I

